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Reviewer’s comment

Author’s comment (if agreed with reviewer, correct the
manuscript and highlight that part in the manuscript. It is
mandatory that authors should write his/her feedback here)

Compulsory REVISION comments

The author proves interesting results,
written in very good English.

Please clarify the Plagiarism:

However, the main results and their way
of presentation are similar to those
published by C. Diop, T.M.M. Sow, N.
Djitte and C.E. Chidume in their paper
“Constructive techniques for zeros of
monotone mappings in certain Banach
spaces”, Springerplus, 2015, 4: 383,
published online 2015, Jul 28, DOI
10.1186/s40064-015-1169-2 Such
results are free available online.

Therefore, the present work seems to
be a review article, not an original
research article.

Moreover, main results remain unclear.
For example, at p. 3, Theorem 1.1, a
reference citation is required. The last
line on page 3 is not clear: if (x,
Jconverges strongly to X, assuming that
(Ax,), is bounded, but not converges to
zero, passing through the limit, one
obtains ¥ = X — 0 - limAx,, that is a true
equality: 0 = 0, which does not imply

The followmng defimtions will help clarify matters to this reviewer.

Definition 0.1, (Classes of monotone-type mappings) Let E be a real normed
space and E* be its dual. A map A: D(A) C E - E* is called k-strongly mono-
tone if there exists k € (0, 1) such that ¥z,y € D(A),

2

(Az - Aya-y) > Kz -y

It is called ¢-strongly monotone if there exists a strictly increasing function ¢ :
1

10.00) = 0,00) with 0(0) =0, such that ¥z, y € DI4),
(a= Ay =y) 2 bl - o~ o

It is called genernlzed 9-strongly monotone if there exists a strictly increasing fune-
tion & : [0,00) = [0.00) with &(0) =0, such that Y,y € D4,

(dn - Ay -1) > 8o -yl

The class of generalized @-strongly manotone maps i the argest class of monotone-
type mappings for which, if Au=0 has a sohution, i is unique.
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AX = 0. P.5, line 2 from below: (ii): M
used, but not defined. The relation
(ii) should be explained or modified
properly. The first two lines at page 6
need a serious explanation (on the
modulus of continuity for /~1). The proof
of Theorem 3.1, (and consequently those
of the Corollaries 3.2 and 3.3) should be
rewritten in more detail and more
clearly, such that the reader can
understand easily all the arguments,
without searching back. The author is
kindly asked to give all the required
explanations, line after line and step by
step.

Comment: [t is well known that the class of f-strengly monotone maps is a proper
subclass of the class of ¢-strongly menofane maps, (one takes a(t) = kt, k € (0.1))
and the later is a proper subclass of the class of generulized -strongly menotone
maps, (one takes B(t) = ta(t)).

Definition 0.2. Let E be a normed space with dim £ > 2. The modulus of
smoothness of E is a function p : [0,50) = [0, 00) defined by

llz + yll + ||z -yl

pelT) = xrep{ 7 =1zl =1 ||yl = T}.

Definition 0.3. (Classes of uniformly smooth Banach spaces)
A normed space E is uniformly smooth if and only if

pe(t)

lim =1,

t—oo

For ¢ » 1, E is said to be g-uniformiy smooth if there exists a constant ¢ > 0 such
that pg(t) < cfd,t = 0.

L, spaces for 2 < p < 0o are examples of “-uniformly smooth spaces whereas, L,
spaces for [ < p< 2 are not Z-uniformly smooth.

Comment: In theorem 3.1, which is the main theorem of the paper of Diop et
al., [1], the reviewer referred to, E is a 2-uniformly smooth spaces. These spaces
do not include L, spaces for 1 < p <2,

Comment; Our theorems are proved in real Banach spaces that are uniformly
smooth and uniformly eonvez. These spaces include L, spaces for all 1 < p < oo,
In particular, they include L, spaces for 1 < p < 2. Furthermore, our theorems are
proved for the much more general class of generalized ®-strongly monotone maps.
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Consequently, our theorems generalized, improve and extend the results in Diop
et al., [1], from the elass of k-strongly monotone maps to the much more general
class of generalized ®-strongly monotone maps, and to the more general class of
uniformly convez and uniformly smooth real Banach spaces.

We have now included the above reference in our revised
paper with these comments
added.

In iterative formulas involving parameters, limit taken in the formula does not re-

veal anything meaningful.

For example, the Mann iterative formula which has been studied for over fifty years

is defined by, ry £ D(T),

Typr = (=g oy + 0Ty, [*Jl'

oo
where(i) ¥ ay, = 0o (i) limay, = 0.

=1
Observe that if {Tx, | is bounded, by passing limit through in (#) we have that 0=0,
which does not imply that Tr* = z* for some 2* € F(T) == {z € D(T): Tz = z}.
But, for example, if T denotes the rotation of the unit ball in B? about the origin
of coordinates, the sequence given by (#) converges strongly to r* € B2, where
Tz*=1".

It is now defined before the proof.
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Modulus of continuity has various forms. For example;
Type 1: wlt) = Lt.t = 0. This is for mappings that are Lipschitz. In particular,
J is Lipschitz on L, spaces, 2 < p < oo,
x x
Here, condition (i) becomes: ¥ Aw(\M) =MLY A < .
fi=1 fi=1

1 o
Take Ay = = ¥n 2 1, in this case,
i

Type 2 (3 -Holder type): w(t) = Ht', where 0 < 3 < 1 and H is the Hilder
constant. This is for maps that are Hilder continuous. In particular, J is Hélder
continuous on L, spaces, 1 < p< 2.

Henee, condition (ii) becomes:

i Mg M) = HMP i AL,

n=1 n=1

Take A, = n > 1, and again the condition is satisfied.
n

There are other types of modulus of continuity.

This has been done.
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Minor REVISION comments

P.4: “Unfortunately, these geometric...”
(free space before ‘these”). P.4: “ In this
paper, we introduce an iterative...”
(delete “a”). P.5, lemma 2.5:"..let
B,;(0)..". P.6, line 3 from below: “we
have that ||Ju,.4||..” (never use capital
letters in the middle of a phrase and
delete the comma following “that”). P.6,
line 2 from below: “..of J71..". P.9, the
proof of the Corollary 3.3: “...is bounded,
we show...”.

The corrections have been e
ected. We have also acknowledged the useful comments
of the referees.

Optional /General comments
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